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To explain the extremely high energy release, > 1053 erg, suggested by the observations of some Gamma-Ray
Bursts (GRBs), we propose a new energy extraction mechanism from the rotational energy of a Kerr-Newman
black hole (BH) by a massive photon field. Numerical studies show that this mechanism is stable with respect to
the black hole rotation parameter, a, with a clear dependence on the BH mass, M, and charge, Q, and can extract
energies up to 1054 erg. The controversial “energy crisis” problem of GRBs that does not show evidence for
collimated emission may benefit from this energy extraction mechanism. With these results we set a lower bound
on the coupling between electromagnetic and gravitational fields.
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The exact Gamma-Ray Burst (GRB) energy production
mechanism is still a matter of debate. One possible expla-
nation is the energy release during the formation of a rotating
black hole (BH) surrounded by the matter of a rapidly collaps-
ing massive star and, to account for the high energy observed,
one has to find very efficient energy extraction mechanisms
from the BH [1–3]. Other possible mechanisms can be high-
energy phenomena of energy pulse from electron-positron pair
production and the photon plasma fluid created by vacuum po-
larization in the dyadosphere [4, 5], a region around a charged
BH that extends from the exterior event horizon r+ to a given
radius rds that depends on the mass and charge of the BH [6–9].
Vacuum polarization effects require strong magnetic fields
that mimic the effects of a charged and rotating BH described
by the Kerr-Newman solution [10]. However, because typical
astrophysical systems show a strong tendency to eliminate any
net electric charge, a charged BH is not a realistic physical
solution and cannot be generated by the gravitational collapse
of a core larger than the neutron star critical mass endowed
with an electromagnetic field. A reasonable physical solution
is to consider energy extraction mechanisms where a BH that
“acquires” a temporary fictitious net charge because of vac-
uum polarization effects and/or generates an electrostatic field
that extends towards the neighborhoods of the event horizon
through a selective capture of charged particles. This tempo-
rary fictitious charge is expected to dissipate on time scales
τ < 107 s, long enough to set up the GRB energy extraction
mechanisms occurring on much shorter time scales during the
collapse of the star and thus justify the use of Kerr-Newman
based spacetimes [4, 5].
As described in Ref. 11, photons can acquire mass due to
gravitational and electromagnetic field coupling. Exploiting
this possibility, we here describe a new mechanism of energy
extraction from black-hole rotational energy made possible
by vacuum polarization effects occurring in the dyadosphere
around a Kerr-Newman BH.
The main motivation for this work arises from observations
of GRBs that do not show evidence of collimated emission [12–
16]. As shown, e.g., by Amati and Della Valle [17], GRBs
have a distribution of released energy, in terms of equivalent
isotropic radiation peaking at about Eiso ∼ 1053 erg or higher,
e.g., GRB 130427A; see [18]. In some cases they seem to be
able to have up to Eiso ∼ 1054 erg, corresponding to emitting
one Sun rest mass energy in 1–2 minutes.
The collimated emission scenario often called for to solve
this “energy crisis” implies the detection in the light curves of
the afterglow of a sudden “achromatic’’ change in the slope
(break) at the time when the relativistic beaming angle becomes
larger than the physical jet opening angle as a consequence
of the slowing down of the ejected shells [19]. Based on this
method, beaming angles between 4 and 9 degrees can be
estimated for a number of GRBs [14, 20–22], decreasing their
energy budget to below ∼ 5× 1052 erg. This is comparable
to the kinetic energy of so called hypernovae, a sub-class of
SNe-Ibc often associated with GRBs [23].
However, in some cases this change in the slope is not ob-
served [13–16], suggesting that some GRBs could be character-
ized by poorly collimated emission. A quasi-isotropic emission
is indeed often observed in low-luminosity GRBs [24], but in
this case the energy crisis is avoided by the low amount of
energy associated with Eiso ∼ 1050 erg, as shown in Fig. 1.
However the existence of high-luminosity GRBs [24, 26] that
do not exhibit an “achromatic” change in the slope of the after-
glow lightcurves, poses the question to pinpoint an alternative
mechanism of energy production in GRBs other than the ones
normally adopted, such as “failed supernovae” [27, 28] and
magnetars [29–31] and able to justify up to ∼ 1054 erg.
We find that the energy extraction from a Kerr-Newman BH
by a massive photon (vector) field can be as large as∼ 1054 erg,
which is indeed the upper limit of the energy budget observed
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2Figure 1. Isotropic radiated energy distribution of GRBs, Eiso,
w.r.t. their redshift (see Ref. 17 and references therein). Red tri-
angles indicate those GRBs that exhibit almost spherical emission
(sub-energetic, e.g., GRB 980425 and GRB 060218 [24]) or those
whose optical follow-up provided evidence of no, or a late, charac-
teristic break (see the compilation by Chandra and Frail [25]) and
thus are supposed to have a low degree of collimation (see text). In
this case Eiso can give the correct order of magnitude of the radiated
energy.
in GRB events [32, 33].
The presence of an electrostatic charge on the BH unavoid-
ably decreases the efficiency of the BH energy extraction pro-
cess if charged particles are accreting [34]. For this reason, the
charged particles that form the plasma around the BH cannot
provide a fully efficient energy extraction in the Penrose pro-
cess that would generate the energy needed to form a GRB.
One way of increasing the energy emission is to include also
the contribution of additional resources such as accreting mas-
sive neutral vector fields. Massive Proca-Maxwell photons or
massive vector field non-minimally coupled to gravitation due
to dark energy [35] represent a possibility.
Because of the scenario involved in regions surrounding the
BH as described by the dyadosphere model [4, 5], where the
vacuum is polarized and processes of pair production, annihila-
tion and oscillation lead to the formation of a high-energetic
and dense plasma of electrons, positrons and photons. Because
of number equipartition, electron-positron pairs number den-
sities are asymptotically comparable to that of photons that
obey Proca-Maxwell vector fields. A massive photon Proca-
Maxwell field has no electric charge and non-zero rest mass
under the particular conditions described below. Being neutral
particles, their extraction energy efficiency from the BH is not
affected the by temporary Kerr-Newman electrostatic charge.
The electromagnetic (EM) potential enters actively into the en-
ergy budget of the Penrose process, and the finite rest mass of
the photon plays a crucial rôle, changing the spacetime metrics
and increasing the total energy extraction.
The generation of a massive photon field requires a space-
time symmetry breaking of Maxwell’s equations and a cou-
pling between the electromagnetic and gravitational field to
modify spacetime curvature and the energy extraction. This
can happen in this scenario, the core of the collapsing star is
thought to be surrounded by a plasma during the BH formation,
photons acquire a virtual mass through the Anderson-Higgs
mechanism [36, 37] as a hidden gauge invariance of the Proca-
Maxwell equations preserving the Lorentz invariance [38]. The
Proca-Maxwell Lagrangian density L describing a massive
electromagnetic (EM) field contains a mass term µ2γ AµAµ/2
because of the gauge invariance [see Ref. 39, Eq. (3)]
L =−1
4
FµνFµν − jµAµ + 12µ
2
γ AµA
µ , (1)
where µ−1γ is the reduced Compton wavelength associated with
the photon rest mass and jµ = (ρ,−j) is the 4-current. Fµν is
the electromagnetic field tensor and Aµ the 4-vector potential.
From the Lagrangian density, one obtains the covariant form
of the Proca-Maxwell equations
∂Fµν
∂xν
+µ2γ Aµ = 4pi jµ , (2)
that lead to the Proca wave equation for the 4-potential Aµ
(−µ2γ )Aµ =−4pi jµ , (3)
with the constraint derived from the massive photon in a
medium (∂ µAµ = 0). Proca-Maxwell equations include a mass-
like term for the photon due to light-matter interaction, viz., a
term encompassing the photon’s interaction with the plasma
(photon-plasmon interactions).
Photons and plasmas themselves gravitate, but not their
coupling, unless a non-minimal coupling of the EM vector po-
tential to gravity is present in the Lagrangian,LR = ξRAνAν ,
where R is the curvature scalar and ξ a coupling constant. Be-
cause of this, photons carry a finite rest mass, and an additional
term appears in Einstein’s equations. This coupling is thought
to occur, e.g., in the presence of a charge asymmetry [11] as
is supposed to happen in regions near the forming BH of a
GRB. An exhaustive theoretical description of this coupling is
beyond the scope of this Letter and would need a deep under-
standing of a possible unification between electromagnetism
and gravitation.
The stress-energy tensor of Proca-Maxwell equations would
not be traceless like that of Maxwell’s equations, but due to
symmetry breaking and EM and gravitational coupling, the
total photon “Proca mass” would introduce an additional mass
term, being intrinsically gravitating and thus included as a
source in Einstein’s equations. When photons acquire such an
additional mass term, the spacetime curvature is unavoidably
modified and the environment around the BH is endowed with a
massive vector field described by the Proca-Maxwell equations
of the EM field. See, e.g., Refs. 40–43 for more details.
If the plasma is turbulent, then one has to consider an addi-
tional effect due to the spatial structure of the plasma itself at
the plasma resonance frequencies. In fact, unlike the mathe-
matical structure of the space-time manifold described by the
3Table I. Contribution of a massive photon field to the energy produced
by the Penrose extraction process from a rotating charged black hole.
µγ (g) M(g) a Q/M Energy
1.78×10−51 3 0.1 7×10−3 2.88×1051
1.78×10−53 5 0.5 7×10−3 5.77×1052
1.78×10−53 3 0.9 7×10−2 2.88×1053
Lorentz group in which space is homogeneous and isotropic
and time homogeneous, a plasma may exhibit peculiar spa-
tial/temporal structures that break the space-time symmetry
and generates the conversion of a fraction of the Proca mass
into photon orbital angular momentum (OAM) that acts as
a mass reducing term in the photon Proca mass [37, 39, 44].
In this case the OAM term changes the mass in the Proca-
Maxwell equations and the Yukawa potential of the space-time
curvature [45, 46], preserving, in any case, the sign of the norm
of the metric tensor, ‖g‖ as the acquired mass never becomes
negative [44].
Accretion of a massive neutral field in the dyadosphere is
much more efficient than accretion involving charged particles
and can supply or even replace the electromagnetic pulse that is
expected to occur to generate the GRB. Moreover, the presence
of these massive photons modify the original Kerr-Newman
metric by introducing a Yukawa potential that depends on the
electrostatic charge Q of the BH, via the term Ξ(Q) describing
the charge asymmetry. For the simplest model of charged BH,
one obtains Ξ(Q) = Q2/4pi .
The modified Kerr-Newman metric in natural units where
e = G = c = 1, and in the Boyer-Lindquist coordinates
(t,r,θ ,ϕ), with the presence of the massive photon field also
carrying OAM, becomes
ds2 =−
(
1− 2Mr+Ξ(Q)e
−µγT r
ρ2
+µγT IΞ
)
dt2 +
( r2 +a2
ρ2
− 2Mr+Ξ(Q)e
−µγT r
ρ2
+µγT IΞ
)−1
dr2
+ρ2dθ 2 +
[
ρ2 sin2 θ +
(2Mr+Ξ(Q)e−µγT r
ρ2
µγ IΞ
)
a2 sin2 θ
]
dϕ2
+2asin2 θ
(2Mr+Ξ(Q)e−µγT r
ρ2
−µγT IΞ
)
dϕ dt (4)
where ρ2 = r2 +a2 cos2 θ and IΞ =
∫ ∞
r Ξ(Q)(e
−µγT r/ρ2)dr.
To the first order, when h= 1, the metric shows a dependence
on the absolute value of the OAM acquired by photons [39],
viz.,
µγT ∼ 2pi
(
Pµ − ` Dµ n˜sin(qr)2Pµ
)
, (5)
and the parameters characterizing the Proca mass are
Pµ = µG +
√
Bµ +Cµ −Dµ cos(qr) , (6)
where
Bµ = Eω2p0
1+ ε
E + vˆ ·∇φ (7a)
Cµ =
4piδ v˙n0−4pi vˆ ·∇φ
E + vˆ ·∇φ (7b)
Dµ =
4piϕ∗δ v˙
E + vˆ ·∇φ . (7c)
If the EM field and the plasma density tend to zero, together
with `, the virtual and actual photon mass, µ and µT go to zero
thus recovering the Kerr-Newman spacetime.
For a BH with mass in the range of 3–5 M, electric charge
Q/M ∼ 7×10−3–7×10−2 and rotation parameter a≤ 1, we
find that the Yukawa potential is always confined between
the radii r1 = 2.95× 106 cm and r2 = 2.81× 107 cm. The
numerical results indicate that energy produced by the Penrose
extraction process of the massive photon field provides the
lacking of energy budget required to reach the 1054 erg needed
for isotropic emission, having the same order of magnitude
as in the GRB process, 1047–1054 erg, as reported in Tab. I
The lower bounds on photon mass values obtained by varying
` as a free integer parameter, are those derived from massive
vector fields, according to Refs. 42 and 43 in the range of
µγ ∼ 10−53–10−51 g.
We observe a strong dependence on the BH mass M and
charge Q, whereas the BH rotation parameter, a, plays a minor
rôle. These values allow us to set the lower bound for the
coupling constant between the EM and gravitational field to
ξ ∼ 10−38.
Accretion onto a Kerr-Newman black hole of massive neu-
tral vector fields can explain the “energy crisis” problem of
GRBs. Photons propagating in a structured plasma and in
a strong gravitational field acquire mass and orbital angu-
lar momentum because of the hidden gauge invariance due
to the Anderson-Higgs mechanism in Proca-Maxwell equa-
tions when there is an effective coupling between the gravita-
tional and electromagnetic fields. The interplay between BH
mass, charge, and rotation for the energy extraction from the
4neutrally-charged massive photon field gives the correct order
of magnitude of the energy expected for a GRB, showing a
strong dependence on the charge Q, with the result of dimin-
ishing the importance of the rotation parameter in the energy
extraction from the BH. This effect, similar to that provided
by charged particles falling into the BH [34], could flatten the
possible differences in the energy distribution due to differently
rotating BHs.
Superradiant instabilities because of the small mass of the
BH in the GRB precursor considered in our calculations do
not play a crucial rôle in the too rapid formation of the GRB.
The effects induced by the plasma turbulence on the photon
mass, effective at the frequencies where the plasma is resonant,
seem not to play a significant rôle in the energy extraction.
Moreover, this study could also be used in the energy budget
in massive neutrino-antineutrino fireball models if the couples
so generated experience both a Penrose process and viscous
dissipation [47] or in the accretion of dark matter vector fields.
From our results we can set a lower bound for the coupling
constant between the EM and gravitational field to ξ ∼ 10−38
that might contribute to electromagnetic emission also in those
scenarios where EM waves are not expected, such as in BH-BH
collisions, as hypothesized for the recent LIGO GW150914
gravitational wave detection and possible Fermi event coin-
cidence observed after 0.4 s in the electromagnetic spectrum.
[48–50].
The effect of this field coupling might also be accompanied
with other non-linear gravitational wave interactions with plas-
mas [51]. No direct transfer of OAM from Kerr metric lensing
to photons [52] has been considered because of the physical
properties inside the dyadosphere.
The authors thank Massimo Della Valle for the invaluable
help on writing this work. M. D. L. is supported by the ERC
Synergy Grant “BlackHoleCam” – Imaging the Event Horizon
of Black Holes (Grant No. 610058). B. T. was financially
supported by the Swedish Research Council (VR) under the
contract number 2012-3297.
∗ fabrizio.tamburini@gmail.com
† laurentis@th.physik.uni-frankfurt.de
‡ amati@iasfbo.inaf.it
§ bt@irfu.se
[1] Maurice H. P. M. van Putten, Nobuyuki Kanda, Hideyuki
Tagoshi, Daisuke Tatsumi, Fujimoto Masa-Katsu, and Massimo
Della Valle, “Prospects for true calorimetry on Kerr black holes
in core-collapse supernovae and mergers,” Phys. Rev. D 83,
044046 (2011).
[2] M. H. P. M. van Putten, M. Della Valle, and A. Levinson, “Elec-
tromagnetic priors for black hole spindown in searches for grav-
itational waves from supernovae and long GRBs,” Astron. As-
trophys. 535, 5 (2011).
[3] Amelia Fraser-McKelvie, Michael J. I. Brown, and Kevin A.
Pimbblet, “The rarity of star formation in brightest cluster galax-
ies as measured by WISE,” Mon. Not. Roy. Astron. Soc. Lett.
444, L63–L67 (2014).
[4] Giuliano Preparata, Remo Ruffini, and She-Sheng Xue, “The
dyadosphere of black holes and gamma-ray bursts,” Astron. As-
trophys. 338, L87–L90 (1998).
[5] R. Ruffini, “The Dyadosphere of black holes and gamma-ray
bursts,” Astron. Astrophys. Suppl. Ser. 138, 513–514 (1999).
[6] Thibaut Damour and Remo Ruffini, “Quantum electrodynamical
effects in Kerr-Newmann geometries,” Phys. Rev. Lett. 35, 463–
466 (1975).
[7] D. Bini, A. Geralico, and R. Ruffini, “On the equilibrium of a
charged massive particle in the field of a Reissner-Nordström
black hole,” Phys. Lett. A 360, 515–517 (2007).
[8] D. Bini, A. Geralico, and R. Ruffini, “Charged massive particle
at rest in the field of a Reissner-Nordström black hole,” Phys.
Rev. D 75, 044012 (2007).
[9] Remo Ruffini and She-Sheng Xue, “Dyadosphere formed in
gravitational collapse,” in AIP Conf. Proc., Vol. 1059 (AIP Pub-
lishing, Taipei-Hualien, Taiwan, 2008) pp. 72–100.
[10] S. Chandrasekhar, The mathematical theory of black holes (Ox-
ford University Press, New York, NY, USA, 1992).
[11] Alexander Dolgov and Diego N. Pelliccia, “Photon mass and
electrogenesis,” Phys. Lett. B 650, 97–102 (2007).
[12] A. Panaitescu, P. Mészáros, D. Burrows, J. Nousek, N. Gehrels,
P. O’Brien, and R. Willingale, “Evidence for chromatic X-ray
light-curve breaks in Swift gamma-ray burst afterglows and
their theoretical implications,” Mon. Not. Roy. Astron. Soc. 369,
2059–2064 (2006).
[13] S. Campana, C. Guidorzi, G. Tagliaferri, G. Chincarini,
A. Moretti, D. Rizzuto, and P. Romano, “Are Swift gamma-ray
bursts consistent with the Ghirlanda relation?” Astron. Astro-
phys. 472, 395–401 (2007).
[14] Nan Liang, Wei Ke Xiao, Yuan Liu, and Shuang Nan Zhang,
“A cosmology-independent calibration of gamma-ray burst lu-
minosity relations and the Hubble diagram,” Astrophys. J. 685,
354–360 (2008).
[15] D. A. Kann, S. Klose, B. Zhang, D. Malesani, E. Nakar, A. Poza-
nenko, A. C. Wilson, N. R. Butler, P. Jakobsson, S. Schulze,
M. Andreev, L. A. Antonelli, I. F. Bikmaev, V. Biryukov,
M. Böttcher, R. A. Burenin, J. M. Castro Cerón, A. J. Castro-
Tirado, G. Chincarini, B. E. Cobb, S. Covino, P. D’Avanzo,
V. D’Elia, M. Della Valle, A. de Ugarte Postigo, Yu Efimov,
P. Ferrero, D. Fugazza, J. P. U. Fynbo, M. Gålfalk, F. Grun-
dahl, J. Gorosabel, S. Gupta, S. Guziy, B. Hafizov, J. Hjorth,
K. Holhjem, M. Ibrahimov, M. Im, G. L. Israel, M. Jełinek, B. L.
Jensen, R. Karimov, I. M. Khamitov, Ü. Kizilog˘lu, E. Klunko,
P. Kubánek, A. S. Kutyrev, P. Laursen, A. J. Levan, F. Man-
nucci, C. M. Martin, A. Mescheryakov, N. Mirabal, J. P. Nor-
ris, J.-E. Ovaldsen, D. Paraficz, E. Pavlenko, S. Piranomonte,
A. Rossi, V. Rumyantsev, R. Salinas, A. Sergeev, D. Sharapov,
J. Sollerman, B. Stecklum, L. Stella, G. Tagliaferri, N. R. Tanvir,
J. Telting, V. V. Testa, A. C. Updike, A. Volnova, D. Watson,
K. Wiersema, and D. Xu, “The afterglows of Swift-era Gamma-
Ray Bursts. I. comparing pre-Swift and Swift-era long/soft (type
II) GRB optical afterglows,” Astrophys. J. 720, 1513–1558
(2010).
[16] D. A. Kann, S. Klose, B. Zhang, S. Covino, N. R. Butler,
D. Malesani, E. Nakar, A. C. Wilson, L. A. Antonelli, G. Chin-
carini, B. E. Cobb, P. D’Avanzo, V. D’Elia, M. Della Valle, P. Fer-
rero, D. Fugazza, J. Gorosabel, G. L. Israel, F. Mannucci, S. Pira-
nomonte, S. Schulze, L. Stella, G. Tagliaferri, and K. Wiersema,
“The afterglows of Swift-era Gamma-Ray Bursts. I. type I GRB
versus type II GRB optical afterglows,” Astrophys. J. 734, 96
(2011).
[17] Lorenzo Amati and Massimo Della Valle, “Measuring cosmo-
logical parameters with gamma ray bursts,” Int. J. Mod. Phys. D
522, 1330028 (2013).
[18] M. De Pasquale, M. J. Page, D. A. Kann, S. R. Oates, S. Schulze,
B. Zhang, Z. Cano, B. Gendre, D. Malesani, A. Rossi, E. Troja,
L. Piro, M. Boër, G. Stratta, and N. Gehrels, “The 80 Ms follow-
up of the X-ray afterglow of GRB 130427A challenges the
standard forward shock model,” (2016), arXiv.org:1602.04158
[astro-ph.HE].
[19] Re’em Sari, Tsvi Piran, and J. P. Halpern, “Jets in Gamma-Ray
Bursts,” Astrophys. J. Lett. 519, L17–L20 (1999).
[20] D. A. Frail, S. R. Kulkarni, R. Sari, S. G. Djorgovski, J. S. Bloom,
T. J. Galama, D. E. Reichart, E. Berger, F. A. Harrison, P. A.
Price, S. A. Yost, A. Diercks, R. W. Goodrich, and F. Chaffee,
“Beaming in gamma-ray bursts: Evidence for a standard energy
reservoir,” Astrophys. J. Lett. 562, L55–L58 (2001).
[21] G. Ghirlanda, Z. Bosnjak, G. Ghisellini, F. Tavecchio, and C. Fir-
mani, “Blackbody components in gamma-ray bursts spectra?”
Mon. Not. Roy. Astron. Soc. 379, 73–85 (2007).
[22] G. Ghirlanda, L. Nava, G. Ghisellini, and C. Firmani, “Con-
firming the γ-ray burst spectral-energy correlations in the era of
multiple time breaks,” Astron. Astrophys. 466, 127–136 (2007).
[23] Massimo Della Valle, “Supernovae and gamma-ray bursts: a
decade of observations,” Int. J. Mod. Phys. D 20, 1745–1754
(2011).
[24] Dafne Guetta and Massimo Della Valle, “On the rates of gamma-
ray bursts and type Ib/c supernovae,” Astrophys. J. Lett. 657,
L73–L76 (2007).
[25] Poonam Chandra and Dale A. Frail, “A radio-selected sample
of gamma-ray burst afterglows,” Astrophys. J. 746, 156 (2012).
[26] Dafne Guetta and Tsvi Piran, “Do long duration gamma ray
bursts follow star formation?” J. Cosm. Astropart. Phys. 2007,
003 (2007).
[27] S. E. Woosley, “Gamma-ray bursts from stellar mass accretion
disks around black holes,” Astrophys. J. 405, 273–277 (1993).
[28] S. E. Woosley and J. S. Bloom, “The supernova–gamma-ray
burst connection,” Ann. Rev. Astron. Astrophys. 44, 507–556
(2006).
[29] Maxim Lyutikov and Vladimir V. Usov, “Precursors of gamma-
ray bursts: A clue to the burster’s nature,” Astrophys. J. Lett.
543 (2000), 10.1086/317278.
[30] Weiqun Zhang, S. E. Woosley, and A. Heger, “The propagation
and eruption of relativistic jets from the stellar progenitors of
gamma-ray bursts,” Astrophys. J. 608, 365–377 (2004).
[31] B. D. Metzger, G. Martínez-Pinedo, S. Darbha, E. Quataert,
A. Arcones, D. Kasen, R. Thomas, P. Nugent, I. V. Panov, and
N. T. Zinner, “Electromagnetic counterparts of compact object
mergers powered by the radioactive decay of r-process nuclei,”
Mon. Not. Roy. Astron. Soc. 406, 2650–2662 (2010).
[32] L. Amati, M. Della Valle, F. Frontera, D. Malesani, C. Guidorzi,
E. Montanari, and E. Pian, “On the consistency of peculiar
GRBs 060218 and 060614 with the Ep,i – Eiso correlation,” As-
tron. Astrophys. 463, 913–919 (2007).
[33] S. Capozziello and G. Lambiase, “The emission of gamma ray
bursts as a test-bed for modified gravity,” Phys. Lett. B 750,
344–347 (2015).
[34] Manjiri Bhat, Sanjeev Dhurandhar, and Naresh Dadhich, “Ener-
getics of the Kerr-Newman black hole by the Penrose process,”
J. Astrophys. Astron. 6, 85–100 (1985).
[35] C. G. Böhmer and T. Harko, “Dark energy as a massive vector
field,” Eur. Phys. J. C 50, 423–429 (2007).
[36] Julian Schwinger, “Gauge invariance and mass,” Phys. Rev. 125,
397–398 (1962).
[37] P. W. Anderson, “Plasmons, gauge invariance, and mass,” Phys.
Rev. 130, 439–442 (1963).
[38] Joseé Tito Mendonça, Theory of Photon Acceleration (IOP Pub-
lishing, Bristol, UK, 2001).
[39] F. Tamburini, A. Sponselli, B. Thidé, and J. T. Mendonça, “Pho-
ton orbital angular momentum and mass in a plasma vortex,”
Europhys. Lett. 90, 45001 (2010).
[40] Xiaomin Bei, Changsheng Shi, and Zhongzhu Liu, “Proca effect
in Kerr-Newman metric,” Int. J. Theor. Phys. 43, 1555–1560
(2004).
[41] Changsheng Shi and Zhongzhu Liu, “Proca effect in Reissner-
Nordstrom de Sitter metric,” Int. J. Theor. Phys. 44, 303–308
(2005).
[42] Paolo Pani, Vitor Cardoso, Leonardo Gualtieri, Emanuele Berti,
and Akihiro Ishibashi, “Black-hole bombs and photon-mass
bounds,” Phys. Rev. Lett. 109, 131102 (2012).
[43] Paolo Pani, Vitor Cardoso, Leonardo Gualtieri, Emanuele Berti,
and Akihiro Ishibashi, “Perturbations of slowly rotating black
holes: Massive vector fields in the Kerr metric,” Phys. Rev. D
86, 104017 (2012).
[44] F. Tamburini and B. Thidé, “Storming Majorana’s Tower with
OAM states of light in a plasma,” Europhys. Lett. 96, 64005
(2011).
[45] S. Capozziello and M. De Laurentis, “The dark matter problem
from f (R) gravity viewpoint,” Ann. Phys. (Berlin) 524, 545–578
(2012).
[46] Salvatore Capozziello and Mariafelicia De Laurentis, “Extended
theories of gravity,” Phys. Rep. 509, 167–321 (2011).
[47] Maurice M. Shapiro, Todor Stanev, and John P. Wefel, eds.,
Neutrinos and Explosive Events in the Universe, Proceedings
of the NATO Advanced Study Institute (Springer Netherlands,
2005) pp. 1–424.
[48] B. P. Abbott et al. (LIGO Scientific Collaboration and Virgo
Collaboration), “Tests of general relativity with GW150914,”
(2016), arXiv.org:1602.03841 [gr-qc].
[49] B. P. Abbott et al. (LIGO Scientific Collaboration and Virgo Col-
laboration), “Observation of gravitational waves from a binary
black hole merger,” Phys. Rev. Lett. 116, 061102 (2016).
[50] Abraham Loeb, “Electromagnetic counterparts to black hole
mergers detected by LIGO,” Astrophys. J. 819, L21 (2016).
[51] Gert Brodin, Mattias Marklund, and Peter K. S. Dunsby, “Non-
linear gravitational wave interactions with plasmas,” Phys. Rev.
D 62, 104008 (2000).
[52] Fabrizio Tamburini, Bo Thidé, Gabriel Molina-Terriza, and
Gabriele Anzolin, “Twisting of light around rotating black holes,”
Nature Phys. 7, 195–197 (2011).
